[l VICTORIA GOULD
It is worth noting that the previous proof also allows us to locate the inverses of a regular
element.

Lemma B.11. [fa € S is reqular, and x € V(a), then there exist idempotents ¢ = ar and
[ = xa such that

aReLlzx alfRua

Conversely, if a € 8 and e, [ are idempotents such that
aRe allf,

then there exists @ € V(a) such that ax = ¢ and rva = [ (and then
elLr, [R J'.:I

i £ = L

f = za e

Proof. For the first part, one just has to define ¢ = ar and f = ra. As we have seen, ¢
and f are idempotents satisfying the required properties.

The converse follows directly from the proof of Corollary 8,10 (Corollary to Green's Lem-
1mas), O

EXAMPLE 8,12,

(1) For M" = MG ;A P) we know that M\ {0} is & D-class. We have H,y =
{(i,0.\) | g € G}. W py # 0, Hiy is a group H-class. If pyy, py; # 0 then Hiy = Hj,
(already seen directly).

(2) The Bicyclic Monoid B is bisimple with E(B) = {(a,a) | a € N} and H,,, =
{(a,a)}. Clearly Hiaa) = Hpp.

(3) In T,, then o D 3 & p(a) = p(d) where p(a) = |Im(a)|. By Corollary 810 , if

e, p € E(T,) and p(e) = p(p) = m say, then H, = H . Infact H. = H, = §,,.



