Properties of absolute values

Theorem: Letx,y €R, then
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- X = x
x=yl=ly=x
|x|2=x2

X =2 .

pey]=[x¥]-

X :|X| :
‘A‘ ﬁ if y=0.

X <b< —-b<x<b where b>0.
X+ y|<|X+]y].

=y <]x~yl.

10- X[y <fx ]

11-

x"| =|x|" where n nonnegative integer.

Proof. 2) From property 1 applied to x—y we have 2.

3) - |x|2 =|X|. |x| then,
i) If x>0 then [x|=x |, |x|2 = XX = X

i) if x<0 then [|=-x, . [X =(x).(-x)=x*
4) from 3, okl caw Al 3l 3L

8) from (7), [x|<|x| & —[X<x<|X ....0)
Also, |y|<ly|e —ly|<y<|y].... (i)
o (i) & (i) e
—(X[+|y) < x+y<(x+]y)
vl < (X +]y))

11) if n=0 Axies sl oo

and if n>0 then,

X" =[x XX = X[ XX .. [x|=]x]"







